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For	more	details	about	NBT	concepts	and	visual	supports	for	the	learning	
progression,	or	for	details	about	other	CCSS	domains,	please	see	the	13	
hours	of	audio-visual	Teaching	Progressions	I	have	made.	You	can	find	links	
to	these	and	to	papers	and	other	presentations	at	karenfusonmath.net
This	presentation	is	also	posted	there.



Also	see	these	NCTM	books	for	more	information	
about	NBT	concepts:

Focus	in	kindergarten:		
Teaching	with	curriculum	focal	points

Focus	in	grade	1:		
Teaching	with	curriculum	focal	points

Focus	in	grade	2:		
Teaching	with	curriculum	focal	points
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The	Math	Practices	in	action

A	teacher	asks	every	day:		
Did	I	do	math	sense-making	about math	structure	
using math	drawings	to	support	math	explaining?

Can	I	do	some	part	of	this	better	tomorrow?



K	NBT.1	and	1.NBT.1	and	2

K.CC.1:	Count	to	100	by	ones	and	by	tens.
K.NBT.1:	Work	with	numbers	11–19	to	gain	foundations	for	place	value:	
Compose	and	decompose	numbers	from	11	to	19	into	ten	ones	and	some	
further	ones,	e.g.,	by	using	objects	or	drawings,	and	record	each	composition	or	
decomposition	by	a	drawing	or	equation	(e.g.,	18	=	10	+8);	understand	that	
these	numbers	are	composed	of	ten	ones	and	one,	two,	…,	or	nine	ones.
1.NBT.	1:		Extend	the	counting	sequence:		Count	to	120,	starting	at	any	number	
less	than	120.	In	this	range,	read	and	write	numerals	and	represent	a	number	of	
objects	with	a	written	numeral.
1.NBT.2:		Understand	place	value.	Understand	that	the	two	digits	of	a	two-digit	
number	represent	amounts	of	tens	and	ones.	Understand	the	following	as	
special	cases:	
a.	10	can	be	thought	of	as	a	bundle	of	ten	ones	— called	a	“ten.”
b.	The	numbers	from	11	to	19	are	composed	of	a	ten	and	one,	two,	…,	or	nine								

ones.
c.	The	numbers	10,	20,	30,	40,	50,	60,	70,	80,	90	refer	to	one,	two,	…,	or	nine															
tens	(and	0	ones).





Unitary: a collection of single units
Kindergarten and Grade 1:  Count these units by ones using English count words

Tens-Total and Ones: Separate the ones from the tens-total:  
Count by ones using English count words but notice the total of the separated tens-total 
Kindergarten: for 11 to 19:  ten and eight is eighteen 18 = 10 + 8  
Grade 1: for 20 to 99: seventy and nine is seventy nine 64 = 60 + 4

Sequence-Count-by-Tens and by Ones: count each group of ten ones by English tens 
words

Kindergarten:  ten, twenty, thirty, forty, fifty, sixty, seventy, eighty, ninety
Grade 1:  Count by tens and then count on by ones from the final tens word:  
ten, twenty, thirty, forty, fifty, sixty SHIFT THE COUNTING UNIT 
sixty-one, sixty-two, sixty-three, sixty-four

Separate-Count-the-Tens and Ones: count or see each tens quantity as 1 ten and use tens 
and ones words to give the multiunit value: one ten, two tens, three tens, four tens, five 
tens six tens and one, two, three, four ones to make six tens four ones

Concepts	of	Numbers	over	Ten



K	and	1	Seeing	1	to	10

This	large	Number	Parade	was	on	the	wall	
and	used	in	many	activities.

See	the	5-groups	that	make	6	through	10.



K	Number	Tiles



K	Number	Patterns	in	Order
Visual Supports for Patterns in Numbers and Quantities in Order 
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Visual Supports for Patterns in Numbers and Quantities in Order



K	Daily	Routines,	Quick	Practice,	and	Student	Leaders

Learning the	patterns	and	specific	decade	words	in	the	count	to	
100	or	to	120	is	very	time-consuming.		
Understanding the	left-right	patterns	in	the	written	numerals	is	
also	complex.
Seeing	tens	and	ones	and	relating	words,	numerals,	and	quantities	
takes	time	and	structured	experiences.
So	Math	Expressions	has	a	special	Daily	Routine	for	this	and	also	
has	Quick	Practices	that	begin	class	to	provide	all	of	this	learning	
time.		
Student	Leaders	lead	many	of	these	activities,	providing	leadership	
experience	and	a	feeling	of	community	to	these	crucial	class	
activities.



K	Daily	Routines	A	

120 Poster
Money Flip Chart



K	Daily	Routines	B	

Giant Number Cards



K	Count	from	11	to	20	Quick	Practice	Unit	2	

Number Pattern Poster



K	Unit	3:		See	Teen	Numbers	as	Ten	Ones	and	More	Ones

The Ten Bug helps children see a 
group of ten things or two groups of 
five (that make ten).

The 
10-Penny Strip 

and 
2 loose pennies

Number Tiles 
show the ten 

and ones.



K	see	the	10	ones	in	different	ways	including	as	2	
groups	of	5



K	Make	Teen	Numbers	with	Real	Objects

Math	Talk	Questions:

• Why	did	we	make	a	group	of	
ten	in	each	teen	number?

• Does	it	matter	what	objects	we	
use	to	show	a	teen	number?

• Does	it	matter	how	we	arrange	
the	objects?



K	Make	Teen	Numbers	at	Home

Have your child count out 
objects for a teen number 
and separate the 10-group.

Have your child show the teen number with the number cards



K	The	1	to	20	Board









Counting	Words

In	Chinese
One,	two,	three,	…,	nine,	ten
ten	one,	ten	two,	ten	three,	ten	four,	
ten	five,	ten	six,	ten	seven,	ten	eight,	
ten	nine

In	Spanish
Uno,	dos,	tres,	...,	nueve,	diez
once,	doce,	trece,	catorce,	quince,
dieciseis,	diecisiete,	dieciocho,	
diecinueve

Cardinal	to	counting	meanings

Cardinal	words			counting	word

Ten	and	six	is	ten	six
10	+	6	=	16

In	the	interview	about	16:
Dieciseis es diez y	seis

16	is	10	+	6





K	NBT.1	and	1.NBT.1	and	2

K.CC.1:	Count	to	100	by	ones	and	by	tens.
K.NBT.1:	Work	with	numbers	11–19	to	gain	foundations	for	place	value:	
Compose	and	decompose	numbers	from	11	to	19	into	ten	ones	and	some	
further	ones,	e.g.,	by	using	objects	or	drawings,	and	record	each	composition	or	
decomposition	by	a	drawing	or	equation	(e.g.,	18	=	10	+8);	understand	that	
these	numbers	are	composed	of	ten	ones	and	one,	two,	…,	or	nine	ones.
1.NBT.	1:		Extend	the	counting	sequence:		Count	to	120,	starting	at	any	number	
less	than	120.	In	this	range,	read	and	write	numerals	and	represent	a	number	of	
objects	with	a	written	numeral.
1.NBT.2:		Understand	place	value.	Understand	that	the	two	digits	of	a	two-digit	
number	represent	amounts	of	tens	and	ones.	Understand	the	following	as	
special	cases:	
a.	10	can	be	thought	of	as	a	bundle	of	ten	ones	— called	a	“ten.”
b.	The	numbers	from	11	to	19	are	composed	of	a	ten	and	one,	two,	…,	or	nine								

ones.
c.	The	numbers	10,	20,	30,	40,	50,	60,	70,	80,	90	refer	to	one,	two,	…,	or	nine															
tens	(and	0	ones).



1.NBT.4	and	Critical	Area

Critical	Area	(2):		Students	develop,	discuss,	and	use efficient,	accurate,	and	
generalizable	methods	to	add	within	100 and	subtract	multiples	of	10.	…	They	
think	of	whole	numbers	between	10	and	100	in	terms	of	tens	and	ones	
(especially	recognizing	the	numbers	11	to	19	as	composed	of	a	ten	and	some	
ones).	…

1.NBT.4.	Add	within	100,	including	adding	a	two-digit	number	and	a	one-digit	
number,	and	adding	a	two-digit	number	and	a	multiple	of	10, using	concrete	
models	or	drawings	and	strategies	based	on	place	value,	properties	of	
operations,	and/or	the	relationship	between	addition	and	subtraction;
relate	the	strategy	to	a	written	method	and	explain	the	reasoning	used.	
Understand	that	in	adding	two-digit	numbers,	one	adds	tens	and	tens,	ones	
and	ones;	and	sometimes	it	is	necessary	to	compose	a	ten.



G1	Use	place	value	understanding	and	properties	of	operations	to	add
and	subtract.		1	NBT.4,	5,	6

5.	Given	a	two-digit	number,	mentally	find	10	more	or	10	less	than	the	number,	
without	having	to	count;	explain	the	reasoning	used.

6.	Subtract	multiples	of	10	in	the	range	10-90	from	multiples	of	10	in	the	range	
10-90	(positive	or	zero	differences),	using	concrete	models	or	drawings	and	
strategies	based	on	place	value,	properties	of	operations,	and/or	the	
relationship	between	addition	and	subtraction;	relate	the	strategy	to	a	written	
method	and	explain	the	reasoning	used.	

No	subtracting	without	regrouping
because	these	lead	to	the	top	from	bottom	errors	in	Grade	2.



G2	Multidigit Subtraction	Common	Error
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G1 Daily Routine 1.NBT.1
and 1.NBT.2

Counting Tens and Ones Flip Chart

Number Path 
on Math Board 



G1 Secret Code Cards



G1 Drawing Tens and Ones   1.NBT.2



G1 Tens and Ones on the Number Path   1.NBT.2

Number Path



G1 Unseen Tens and Some Ones  
1.NBT.2



G1 Adding Tens and Ones  1.NBT.2 and 1.NBT.4



G1 Comparing 2-Digit Numbers   
1.NBT.3 









G1 2-Digit + 1-Digit Numbers   1.NBT.4



G1 Add and Subtract Tens   1.NBT.4 and 1.NBT.6 



G1 Possible Student Drawings    1.NBT.4



G1 Possible Written Methods    1.NBT.4

New Group Below

Show All Totals



G1	Show	All	Totals			1.NBT.4	

5 7
3 5
8 0

9 2

+

1 2



5 8 
3 6

4
+

1

G1 New Groups Below   1.NBT.4



5 8 
3 6

49
+

1

G1 New Groups Below   1.NBT.4





G2	Secret	Code	Cards	for	486		
2.NBT.1	and	3



G2	Mrs.	Green’s	Method



Unitary: a collection of single units
Kindergarten and Grade 1:  Count these units by ones using English count words

Tens-Total and Ones: Separate the ones from the tens-total:  
Count by ones using English count words but notice the total of the separated tens-total 
Kindergarten: for 11 to 19:  ten and eight is eighteen 18 = 10 + 8  
Grade 1: for 20 to 99: seventy and nine is seventy nine 64 = 60 + 4

Sequence-Count-by-Tens and by Ones: count each group of ten ones by English tens 
words

Kindergarten:  ten, twenty, thirty, forty, fifty, sixty, seventy, eighty, ninety
Grade 1:  Count by tens and then count on by ones from the final tens word:  
ten, twenty, thirty, forty, fifty, sixty SHIFT THE COUNTING UNIT 
sixty-one, sixty-two, sixty-three, sixty-four

Separate-Count-the-Tens and Ones: count or see each tens quantity as 1 ten and use tens 
and ones words to give the multiunit value: one ten, two tens, three tens, four tens, five 
tens six tens and one, two, three, four ones to make six tens four ones

Concepts	of	Numbers	over	Ten



See	these	NCTM	books	for	more	information	
about	NBT	concepts:

Focus	in	kindergarten:		
Teaching	with	curriculum	focal	points

Focus	in	grade	1:		
Teaching	with	curriculum	focal	points

Focus	in	grade	2:		
Teaching	with	curriculum	focal	points



Visual	models	are	central	core	ideas	and	practices	
in	the	CCSS	and	support	reasoning	and	explaining.

The	models	can	be	simple	math	drawings
that	students	can	make	and	use	in	their	own	ways	
in	problem	solving	and	explaining	of	thinking.

We	want	classrooms	to	be	using	the	mathematical	practices	in	the	
Math	Talk	Community:

Students	focus	on	math	sense-making	about	math	structure	
using	math	drawings	(visual	models)	to	support	math	explaining.
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